We prove the Lindenstrauss-Wulbert classification scheme for com- 
M~(K): probability measures on K • When F is a convex set then oeF 'lfdll denote the extrempoints in ·F • If ll is a measure then Ill I is the total variation of ll • A measure ll is said to be maximal or a boundary measure if llll is maximal in Choquet's ordering.
The set of maximal (Probability-) measures on K is denoted by 
Since 11~-tll = ll~-t 1 11 + ll~-t 2 11 we easily get IIJ.I = !~-t 1 1 + l~-t 2 1 • In particular l~-t 1 1 , IIJ. 2 1 << IIJ.I , so by the Rador-Nikodyn theoren there is non-negative measurable functions f 1 , f 2 such that l~-t 1 1 = f11~-tl , l~-t 2 1 = f 2 ·1~-tl • Let 1-l = cpJ~-tl , IJ. 1 = cp 1 J~-tl , ll 2 = cp 2 ·IIJ.I be the polardecompoi tions. rr·:~1en Corollary 5 If' V is a Lindenstrauss-space rr: V-+ V a projection with norm one, then rr(V) is a Lindenstrauss-space.
Proof
Let TT* be the adjoint projection. Then the restriction map y: V*-+ (rrV)* takes rr*(V*) isometrically onto (rrV)* and TT* is a projection with norm one.
In [8] Ef'fros proved that complex Lindenstrauss space may be characterized by:
If' 1-1 , v E M~ b eK) and r(l-1 ) = r('v ) , then : homrr 1-1 = ho~Dtr v This theorem will be fundamental in the following, and we shall refer to it as Effros'characterization.
A map ~= K ~ M 1 (K) is said to be a complex affine selection if and from the proof of that it also follows that ~ is a complex affine selection. 
Hence cp is a isometry.
n is a projection with norm one onto ~(V*) , and since M(K)
is an L-space it follows from theorem 4 that cp(V*) is an L-space.
Hence V* is an L-space, which implies V is a Lindenstrauss space.
Uniqueness
Let x E K with llxll = 1 • From Lemma 1 it follows:
Let v E Mt(K) with r(~) = x, f: K ~R continous and convex, n and € > 0 • Choose simple probability measure
• 1 J. y. -. 1
Since f is convex, we get from (2.1):
Hence w(j~(x)l) is maximal and is the onlx maximal probability If V is a Lindenstrauss-space and F is a w*-closed face in K , then F is a compakt simplex.
Remark
The above corollary may of course be proved by a direct argument, since a .face-cone in an L-space must be a lattice-cone.
Theorem 9
The following statements are equivalent i)
V Lindenstrauss-space with 0 eK u { 0} w*-closed.
ii) There is a continous complex affine selection cp:
Put ~(x) = hom~x , where ~x is a maximal probability measure with r (IJ.x) = x • Then, as in the proof of theorem 6, ~ is a complex affine T-homogeneous selection. We first prove
is compact.
Let {~y} c ~(K) be a net which converges to
which proves 1J. is T-homogeneous. By lemma 1 each ~y is maximal, and since beK u {o} is closed it follows from [1] that supp (IJ.)
is a maximal probability measure. By lemma 1 and since ~ is T-homogenous we get
thus the inverse map is continious, i.e. cp is continious.
If cp is a complex affine continious selection on K , then so is homT ocp • Hence we may assume that cp is T-homogeneous. 
iii) 9 i)
When f E C:b.om (K) then by iii) and Bauer's Maximum Principle ([1] theorem I.5.3) there is a unique function v! in V such that (2.2) • floeK = vf'loe K and \\f\1 :': llvfl\.
Hence ho~v= homT ~ , so by Effros' characterization is V a Lindenstrauss-space.
It remains to prove that o eK u { ol is closed.
is continious. Extend g by Tietze to g: K ~ C with
By the Hahn-Banach teorem there is a real convex continious function gF on F such that
g is well defined since F is a face. Extend by Tietze With · \1~1 = llgll and .put , f = hom;g .
Then fiF = gF Let 1.1 be a maximal probability measare on K with r(ll ) = x • X Since F is a face , supp (!-lx ) c F and 1.1 x is seen to be maximal on F • Hence
{gF denotes the upper envelope o~ gF , see [1] p. 4) (2. 3) now follo"t~rs from a) , b) and c) and the proof is complete.
Notes
Theorem 6 was proved for simplexes by Namcoka and Phelps, and for real Lindenstrauss- 
iii) cr ( 1, x) = x ... 11 -Let X be a T 0 -.space • Then each a E T defines a homeomorphism a a : X ~ X by a a. ( x) = cr (a. , x) , x E X (a a. and cr a. _ 1 are continious by i), ii) and iii) imply that cra. o cra._ 1 is the identity on X)
A function f E Cc(x) is said to be cr-homogenious if f(cr a.x) = a.f(x) for all a. E T , x E X • The class of a-homogeneous fUnctions in Cc(X) is denoted by C 0 (X)
A complex C 0 -space is a complex Banach-space which is isometric to C 0 (X) for some T 0 -space X • (3.1)
If f E Cc(Xl then the :rt:nction
where da. is the unit Haar-measure is seen to be continious and cr-homogeneous4 TT 0 is easily shown to be a normdecreasing pro- 
aET n aET and u aa Mn(x) = a(T x Mh(x)) is closed.
a.E T As above we may constntct ~ E Ca (X) such that
and ~(y) = ~1 (y)
We get Now since
vanishes on cr (T x Mn(x)) , we get by (3 .3): 3.10 there are a 1 , a 2 E C such that k 1 = a 1 p(x) , k 2 = a 2 p(x) • But llk 1 11 , llk 2 11 <1 so ln 1 1 , la. 2 l < 1 and by (3.2) we get a 1 = a. 2 = 1 i.e. p(x) = k 1 = k 2 and the proof o~ lemma is comple"!'.e .. A complex C~-space is a Banachspace which is isometric to a C 0 (X) ~or some Tcr-space X , where cra has no fixed points if a. E T' I 1 I . 
where xi, yi E S ,
Since S is a maximal face in K , there is ~ E V** such that
Since S is a face and S 0 = (S u {o}) is w*-compact, we get (4.3)
supp C~-t 1 ) , supp (-v 
Since the barycenter-map is normdecreasing, we also get 
But f is real on 8 0 J imaginary on -iS 0 , so by (4.3):
But by (4.4) this holds for any f E CR(S 0 ) • Hence v_ 1 = f.l 1 , which gives x 1 = y 1 and the proof is complete.
Corollary 16
Any z E Z 0 = conv (S u -i S u io}) may be written Uniquely in the form: lemma 1!.6.10
which is easly seen to be a maximal .face in the unitball of Since p(S 0 , = canv (p(S) u {oJ) is compact, the proof is complete.
Let V be a Lindenstrauss-space and assume e is an extrempoint in the unit ball in V • Put
Then S is w*-compact and let w : V ~ Cc(S) be the canonical embedding. Then it is proved in [12] Theorem 19 (Lazar-Hirsberg) * is an isometry such that w(e) = 1s 
Let f be a T-homogeneous function on K such that f] E = 1 , fl , fl u a. C = 0 , ll fll :S 1 • By Effros' characteriaET zation we get: 
which is a contradiction. Hence IJ. 1 (E) = 1 which implies k 1 E F and the proof is complete.
Let V~ Cc(x) be a G-space. 
Then E 1 , E 2 ~ beB(A*) by the real theory. Put F = conv (E 1 ) ,
bY Milmans theorem:
Moreover f-1 (1) 0 E 2 = E 1 • and beH = E 2
Hence f-1 (1) n H = F Assume P*(6(1, x )) ~F. Then P*(6(1,x )) ~ H and since H 0 0 is cirled et follows from the Hahn-Banach theorem that there is g E A such that IP* 6(1, x 0 ) (g)j > 1 , !o(a., x 0 ) (g)j < 1 . . c. E T which by 5.2 gives a comtradiction.
Thus P* (6 ( 1 ,
Since B(P*(A*)) and K are affinely homeomorfic there corresponds unique k 1 = P* T*-1 (k 1 ) , k 2 = P* T*~1 {k 2 ) such that P*(6 (1, x 0 )) = A.k: 1 + (1-A.)li 2
But by lemma 23 F is a face in B( A*) .. Hence
But each g E P(A) is constant on F , so we get 'k 1 (g) = 'k 2 (g) = P*(6 {1, xb) )(g) for ell g E P(A) Thus 6 (~) = k 1 := k 2 , i.e o (x 0 ) is extrem.
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Theorem 24
Let V-~ Cc(x) be a Lindenstrauss-space. Then the .following
By compactness we may without loss of generality assume 
Remark
The G-spaces include the M-spaces and it is readily verified that a C 0 -space is a G-space.
Notes
The real G-spaces were introduced by Grothendieck in [10] • Proposition 21 was announced in [22] in the real case, but, as pointed to us by Jan Raeburn, the proof is wrong, however the same idea can be used to give a correct proof.
Theorem 24 was proved by Effros in the separable, real case [7] and in general by Fakhoury we get
